In papers by R. D. Anderson and R. Wong, respectively, it is shown that all homeomorphisms of the Hilbert cube onto itself, or of the infinite dimensional separable Hilbert space h onto itself, are stable in the sense of Brown-Gluck. These facts can be used to show that all homeomorphisms of X onto itself are isotopic to the identity mapping where X is either the Hilbert cube or h. It follows that some versions of the infinite-dimensional annulus conjecture are true. In this note we give a simple proof of Anderson's result. It follows from Brown-Gluck's technique that for any connected manifold X modeled on Q or s, every homeomorphism of X onto itself is stable.
An end-face K of the Hilbert cube Q = [0, l]°° is a set of the form "'(O) or T^Al) where ir< is the projection of Q onto the ¿th-factor.
We define s = (0, \)"EQ.
Let G(X) denote the set of all homeomorphisms of X onto X and let " ~ " mean "homeomorphic to". A homeomorphism of X onto itself is stable if it is the finite composition of homeomorphisms each of which is the identity on some nonempty open subset of X.
Lemma. Let h be any homeomorphism of Q onto Q and let B be the union of all end-faces of Q, then there is an imbedding f of Q into s such thatfiQ)r\hiB) = 0. The author thanks the referee for pointing out an alternative (but simpler) proof of the following theorem, whose version is adopted here.
Theorem.
Let X be a connected manifold modeled on Q or s, then every hEG(X) is stable. is the identity on Bd U and is h~l on ¿(Bd V). Let F be the extension of/ to X onto itself which is the identity on X\U and is hr1 on h(V).
Then Fh is the identity on V. Since h = F~1(Fh), h is stable.
